1 n be one-dimensional real Hopf's vector bundle over RP n , and let ξ ⊥ n be its orthogonal complement. Denote one-dimensional Hopf's complex vector bundle over CP n by η 1 n . We give the simplest calculation of K * (RP n ). Our method to calculate K-functor of RP n is based on the following geometric observation. Complex Hopf's bundle π : S 2n+1 → CP n with fiber S 1 can be passed through real Hopf's bundle π 1 : S 2n+1 → RP 2n+1 with fiber Z 2 . Under these conditions we obtain the bundle π 2 : RP 2n+1 → CP n whose fiber is also a circle. More over, the following theorem holds. Theorem 1. The bundle π 2 : RP 2n+1 → CP n is isomorphic to the spherical bundle of the tensor square of the bundle η 1 n and also π * 2 η
Proof. Denote the tensor square of the bundle η 1 n by η 2 . Let us construct an equivariant with respect to S 1 -action homeomorphism g of the spaces RP 2n+1 and S(η 2 ). Observe that S(η 2 ) ∼ = S 2n+1 × ρ S 1 , where ρ :
where z j = x 2j−1 + ix 2j , j = 1, ..., n + 1, and w runs over all complex numbers whose absolute value is 1. It is easy to see, that the map constructed is defined correctly, one-to-one, continuous and equivariant with respect to S 1 -action. This completes the proof of the first part.
For proving the second part it is enough to observe that the bundle η 1 n can be defined as a set of the proportions
The lifting of this bundle on RP 2n+1 by the projection π 2 is a set of the proportions
The last bundle is exactly the bundle C ⊗ ξ 1 2n+1 . This completes the proof of Theorem 1. ] . The generator of the second summand is given by the stable equivalence class of the bundle C ⊗ ξ 1 m . The group K 1 (RP m , ∅) equals to zero when m is even, and to Z when m is odd.
The proof of this theorem is based on the following well-known lemma [2] .
Lemma. There is an isomorphism of groups
is the stable equivalence class of one-dimensional complex Hopf 's vector bundle η 1 n over CP n . The group K 1 (CP n , ∅) equals to zero.
Remark. In the proof of the lemma we may only use the Thom isomorphism in complex
Note that the first and fourth terms of this sequence can be changed on K 0 (T η 2 ) and K 1 (T η 2 ) respectively, where T η 2 is the Thom space of the bundle η 2 . Besides, the image of the homomorphism K 0 (T η 2 ) → K 0 (CP n , ∅) coincides with the image of the composition homomorphism
The last homomorphism represents the multiplication by the Euler class [2] of the bundle η 2 , i.e. on
Under these conditions the generator of the subgroup Z 2 n can be given by element −π * 2 (β). From Theorem 1, we obtain −π *
, from the exact sequence ( * ) we have
It easy to see that
Owing to the functoriality of the exact sequence, the gomomorphism
Using the exact sequences of the pairs (RP 2n+1 , RP 2n ) and (RP 2n , RP 2n−1 ) we find that the map
The following theorem is the connecting bridge between Theorem 2 and the Frobenious conjecture. Theorem 3. Assume that there exists a bilinear operation of multiplication p : R n × R n → R n without zero dividers. Then the bundle Hom(ξ It is well known that in dimension 1,2,4 and 8 there are real algebras without zero dividers. One can choose, for example, the field of real numbers in dimension 1, the field of complex numbers in dimension 2, the quaternions in dimension 4 and the Kely algebra in dimension 8.
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